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Abstract 

Higgs boson productions at the LHC will serve as a sensitive probe of various little Higgs models. 
In this work we comparatively study two littlest Higgs models with different T-parity constructions 
through examining their effects in three production processes of the Higgs boson at the LHC, 
namely the productions of a single Higgs, a Higgs-pair, as well as a Higgs boson associated with 
a pair of top and anti-top quarks. The two models are characterized by predicting a top partner 
canceling the Higgs mass quadratic divergence contributed by the top quark with even and odd 
T-parity, respectively. We find that both models can alter the SM cross sections sizably and their 
corrections also differ significantly. Therefore, the Higgs boson productions at the LHC may shed 
some light on these two models or even distinguish them. 
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I. INTRODUCTION 

Little Higgs theory [1] has been proposed as an interesting solution to the hierarchy 
problem. In such a theory the Higgs boson is a pseudo-Goldstone boson and its mass is 
protected by an approximate global symmetry and free from one-loop quadratic sensitivity 
to the cutoff scale. The littlest Higgs model ^ economically implements the idea of the 
little Higgs theory. Due to the tree-level mixing of heavy and light mass eigenstates, the 
electroweak precision tests can give strong constraints on the model [3], which would require 
raising the mass scale of the new particles to be much higher than TeV and thus reintroduce 
the fine-tuning in the Higgs potential 4|. To tackle this problem, a discrete symmetry called 
T-parity has been proposed 5j], which forbids those tree-level contributions. In the pioneer 
version of such model (hereafter called model-I) the T-parity is simply implemented by 
adding the T-parity images for the original top quark interaction to make the Lagrangian 
T-invariant. A characteristic prediction of this model is a T-even top partner which cancels 
the Higgs mass quadratic divergence contributed by the top quark. Since the heavy top 
partner is T-even, it can be singly produced at the LHC, which is a crucial phenomenology 
of this model. 

An alternative implementation of T-parity has recently been proposed (hereafter called 
model-II) js], where all new particles including the heavy top partner responsible for can- 
celing the SM one-loop quadratic divergence are odd under T-parity. An obvious virtue 
of this model is that the spectrum of the third-generation quark sector is simplified jf|. 
Many studies of the collider phenomenology for model-I have been done [7|. However, the 
phenomenology of model-II is quite different from model-I 6|, especially for the heavy top 
partner, which is T-odd and cannot be singly produced at the LHC. 

To probe these models at the LHC, the Higgs boson production processes are ideal places. 
Firstly, these littlest Higgs models mainly alter the Higgs sector of the SM and thus the Higgs 
properties may deviate from the SM Higgs boson. Secondly, the Higgs boson is the most 
important target of the LHC experiment 8] and its various production channels will be 
explored at the LHC. In this work we choose three typical production processes of the Higgs 
boson at the LHC as a probe of these littlest Higgs models. The first one is the production of 
a single Higgs boson via gluon-gluon fusion, which is the dominant production mechanism at 
the LHC [9[ . The second one is the Higgs-pair production, which is rare but very important 
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since it provides a way to probe the Higgs boson self-coupling [10]. The third process is 
the production of a Higgs boson in association with a pair of top quarks, which plays an 



important role in testing the Yukawa coupling These processes have been studied in 



model-I |l2l . 13 . I4I Il5| . but not yet in model-II. In this work, we comparatively study the 



effects of both models in these three Higgs production processes. 

This work is organized as follows. In Sec. II we recapitulate the fermion and top quark 
Yukawa sector of the models. Since model-I has been elucidated in detail in the literature, 
we focus on model-II. In Sec. Ill, we study the effects of these models in the productions of 
a single Higgs, a Higgs-pair and a Higgs boson in association with a top quark-pair at the 
LHC. Finally, we give our conclusion in Sec. IV. 



II. THE LITTLEST HIGGS MODELS WITH T-PARITY 

The original littlest Higgs model is based on a non-linear sigma model describing 
the spontaneous breaking of a global SU(5) down to a global SO(5) at an energy scale 
/ ~ 0{TeV). The vacuum expectation value (VEV) of an SU(5) symmetric tensor S is 
proportional to 

/ 1 
1 
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where t represents a unit 2x2 matrix. The low energy dynamics of non-linear sigma is 
described in terms of the field 
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with 
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U(x) = ^7T a (x)X a , 



(3) 



0=1 



where 7r a (x) are the Goldstone particles corresponding to 14 broken generators X a for the 
SU(5) -> SO(5) breaking. 

In the pioneer version of littlest Higgs model with T-parity (model-I), the T-parity in 
the top quark sector is implemented by simply adding the T-parity images of the original 
interaction to make the Lagrangian T-invariant. Thus, the heavy top partner which cancels 
the Higgs mass quadratic divergence contributed by the top quark is T-even. There are 



detailed descriptions of this model in the literature [5j and we do not discuss it in detail here. 
n the following, we recapitulate an alternative version of T-parity construction (model-II) 

3- 

In model-II for each generation of fermion (quark and lepton), we introduce two doublets 
qi and q 2 , which are embedded into the incomplete representations of SU(5) multiplets Qi 
and Q2, and a right-handed SO (5) multiplet which transforms nonlinearly under the full 
SU(5). The field content can be expressed as 



Qi 





V / 







Xr 



(4) 



where = (—id,LA,iuLA) T with A = 1,2, and tp R = (—id' R , iu' R ) T . The first component of 
the ipR is irrelevant to our study (as shown later), and the second component of the ip R is 
iq R . The mirror fermions can be given 0(f) masses via a mass term 



C K = -KijfiQit - QiE {l?)¥ R + h.c, 



(5) 



where £ = e lU ^ , fi = diag(l, 1, —1, 1, 1), and i, j = 1,2,3 are the generation indices. For 
simplicity, we assume the flavor diagonal and universal k in the study. 
They transform under the 577(5) as 



Qi -> VQx , Q 2 -> ^*Q 2 



(6) 



here V is an 577(5) rotation matrix, and {7 is the unbroken 5*0(5) rotation and is a non- 
linear representation of the SU(5). Under T-parity, the transformation laws are defined 

as 

Qi<-£ Q 2 , * R ^-tw R , (7) 

Thus 91 <-> and S — > X = Eo^E^f2E under T-parity. Following the above transforma- 
tion, the Lagrangian is T-invariant. 

The Lagrangian in Eq. (5) contains the new Higgs boson interactions and the mass terms. 
For the first and second generations, 



-V2nf 



A A' , 1 + C £- 



1 — C£ _ S£ 

-^—u L _q R + -j=u l+ xr 



+ h.c, 



(8) 
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where we ignored the generation indices, and <%(= cos ^y) an d s^(= sin ^j) come from 
the non-linear sigma model field £, with h and v being the neutral Higgs boson field and its 
VEV, respectively. The fermion ul_ = (u^ — ul 2 )/V^ is T-odd, which together with u' R 
gets a mass, and ul + = (ul x + ul 2 )/V% is T-even and massless. The same definition also 
applies to the down-type quarks. The fields q R and xr can be given large Dirac masses by 
introducing additional fields, as described in detail in [5|. We will simply assume that their 
masses are 5/. From the above Eq. (8), we can see the the first component of the doublet 
ipR doesn't appear and the T-odd down-type quarks have no tree-level coupling with Higgs 
boson. 

For the top quark sector, in order to cancel the quadratic divergence of the Higgs mass 
induced by top quark, it requires the introduction of the additional singlets as follows: 
Qi = (qi,U L i,0 2 ) T and Q 2 = (0 2 , U L2 , q 2 ) T ■ From Eq. (5) we can get the Higgs boson 
interactions and the mass terms for the third generation fermions 

C K ~ -V2Kf[d L _d' R + + 2 C ^ Ul_u'r- Ul-Qr - ^=U L _q R - -^=U L _u' R 

+ ^u l+ xr + c^U l+ xr] +h.c, (9) 

where the T-parity eigenstates are defined as U L+ = (U Ll + U L2 )/V2 (T -even), and Ul_ = 
(Ul! — Ul 2 )/v2 (T-odd). The Ul + together with xr gets a Dirac mass. 

Introducing additional singlets U{ <-> £7| under T-parity, the top quark Yukawa coupling 
can be written as f| 

£t = — — ftijktxy (Ql)i^jx^kyUi + (E0Q2) i^jx^kyU 2 + h.C, (10) 

where the indices i, j, k run from 1 to 3 whereas x, y—4, 5. The Eq. (10) will introduce 
mixing between the light T-even and the heavy T-even fermions, which can be removed by 



the additional interactions 



6], 



4 = -jfeimnCrs [(fl^E^E^ + {^Q^t' mr t' ns U^ + h.C, (11) 

where the indices /, m, n run from 3 to 5 whereas r, s—1, 2. E' = f2S^O, and E' — > E' = 
E EE under T-parity. Adding C' t to C t , and taking A' = A, we can get the following simple 
expression of top quark Yukawa sector, 

Ct + C' t ~ -\f (V2 Si: u L+ U c + + (1 + c s )U L _Ulj + h.c, (12) 



where cs(= cos v/ ^^ +fc ) ) an d s%(= sin^j^-) are originated from the non-linear sigma 
model field E, and V% = (t/f + E/£)/>/2, t/"f = (E/f - £/ 2 c )/V2. 

The Yukawa couplings of up-type quarks for the first and second generations are given 
by the similar Lagrangian for the top quark, but without introducing extra singlet fields, 

C u = ~^f e ijk^xy {Q l) j x^kyU C + {X'qQ 2)1^ jx^kyU C +ll.C., (13) 

where u c — > u c under T-parity. The Eq. (13) contains the following Higgs boson interactions 
as well as the mass term for up-type quarks of the first and second generations, 

C u ~ -\ u fsT,u L+ u c + h.c. (14) 

After diagonalizing the mass matrix Eq. (8, 9, 12, 14), we can get the mass eigenstates 
of new fermions. For each SM fermion doublet, there are oL, u_ , q (T-odd), and x (T- 
even) . Besides, the top quark has a T-odd partner T_ which cancels the one loop quadratic 
divergence of Higgs mass induced by top quark. 

III. THE EFFECTS IN HIGGS BOSON PRODUCTIONS AT THE LHC 

The relevant Feynman rules in our calculations can be obtained after diagonalizing the 
mass matrix in Eqs. (8, 9, 12, 14), which is performed numerically in our analyses. The 
Higgs mass is assumed to be 150 GeV and other SM parameters involved are taken as 
mt = 172.7 GeV, rriz = 91.187 GeV [if]], and we use the two-loop running coup ling constant 
ot s (Q) with a s {mz) = 0.118. For the parton distributions we use CTEQ6L [17| with the 
renormalization scale /zjj and the factorization scale chosen to be /zr = /zf = rrih for 
single Higgs production and fiR = fiF = ^rrih for Higgs-pair production. To simplify the top 
quark Yukawa sector, we have taken Yukawa coupling constants A' = A. Therefore, the new 
free parameters involved are the breaking scale / and k. Our calculations show that the 
results are not very sensitive to k in the allowed parameter space. Thus, we take k = 3.0, 



and retain only / a S free parameter. The M S how S that the s ca!e / in ,nodel-I m a y be 
below 1 TeV, and the constraint in model-II is expected to be even weaker |6|. 

Our calculations will deal with loop diagrams. The calculations of such loop diagrams are 



straightforward. Each loop diagram is composed of some scalar loop functions 19| which are 
calculated by using LOOPTOOLS j^. Since the explicit expressions of these form factors 
are lengthy, we will not present them in the paper. 



FIG. 1: The main parton-level Feynman diagrams for single Higgs boson production via gluon- 
gluon fusion in model-II. Here, fi=t, x,T-,U-,q for the third generation, and fi=x, u—i q for the 
first two generations. 





FIG. 2: The parton-level Feynman diagrams for Higgs-pair production via gluon-gluon fusion in 
model-II. Here, fi can be a T-even quark (i = 1,2 with fi = u and fi= X f° r three generations) 
or a T-odd quark (for the third generation, i = 1, 2, 3 with /i = TL, fi = u_ and = q; while for 
the first and second generations, i = 1, 2 with f% = u- and fi = q). The other diagrams obtained 
by exchanging the two gluons or exchanging the two Higgs bosons are not shown here. 



At the LHC the single Higgs production via gluon-gluon fusion is dominated by top quark 
loop in the SM. In model-II, the Feynman diagrams of the process are shown in Fig. HJ Due 
to the modified hti coupling, the top quark loop may give some corrections to SM prediction. 
In addition to the top quark loop, the loops of new T-even and T-odd quarks also come 
into play. In model-I the corrections are also mainly from these two aspects. The relevant 
Feynman diagrams and rules are described in detail in 121 ] . 



The Higgs-pair production at the LHC can proceed through gluon-gluon fusion and bb an- 



nihilation at parton level, with the former being the dominant one |2lj] . The main Feynman 
diagrams of the process gg — > hh in model-II are shown in Fig. [2j In the SM the dominant 
contributions are from the diagrams in Fig. [2] (a, c, d) with top-quark running in the loops. 
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FIG. 3: The patron-level Feynman diagrams for htt production at the LHC in model-II. The 
u-channel diagrams by exchanging the two gluons in (a)-(c) are not shown here. 

In model-II the top quark can give the new correction through the tree-level hhti coupling 
and the modified htt coupling. Also, since the Higgs boson interacts with the T-even and 
T-odd quarks introduced, we have additional diagrams with these new quarks running in 
ihe loops. In model-I the diagrams of the corrections are similar, which are presented in 
lij]. In our calculation, we ignore the contributions of the light quark loops. 

The production of htt at the LHC can proceed through gg fusion and qq annihilation at 
parton level. In both model-II and model-I, the tree-level Feynman diagrams are the same 
as in the SM, which are shown in Fig. El The corrections are mainly from the modified htt 
coupling. 

In Figs. IU16] we plot the corrections to the SM predictions of the production rates versus 



n 



14 



the parameter /. In model-I we take r = 1.0 and our results agree with jl2|, 

Figs. IDE] show that the contributions of these two models can significantly alter the SM 
cross sections in the allowed parameter space. The corrections are sensitive to the scale 
/ and the magnitude becomes more sizable for lower values of /. Furthermore, we see 
the corrections in model-II are much more sizable than model-I. For example, for model-II 
(model-I) the correction is -43% (-25%) with / = 800 GeV in Fig. H 41% (19%) with 
/=lTeV in Fig. El and -30%(-13.5%) with / = 600 GeV in Fig. El 
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FIG. 4: The corrections to the SM single Higgs boson production rate versus the parameter / at 
the LHC. 
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FIG. 5: The corrections to the SM Higgs-pair production rate versus the parameter / at the LHC. 
IV. CONCLUSION 

In this work we comparatively studied two typical littlest Higgs models with different 
T-parity constructions through examining their effects in three production processes of the 
Higgs boson at the LHC, namely the productions of a single Higgs, a Higgs-pair, as well 
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FIG. 6: The corrections to the SM hit production rate versus the parameter / at the LHC. 

as a Higgs boson associated with a pair of top and anti-top quarks. We found that both 
models can alter the SM cross sections sizably and their corrections also differ significantly. 
Therefore, the Higgs boson productions at the LHC may shed some light on these two models 
or even distinguish them. 

Acknowledgement 

This work was supported by National Natural Science Foundation of China (NNSFC) 
under No. 10475107, No. 10725526 and No. 10635030. 



[1] N. Arkani-Hamed, A. G. Cohen and H. Georgi, Phys. Lett. B 513, 232 (2001); N. Arkani- 
Hamed, A. G. Cohen, T. Gregoire and J. G. Wacker, JHEP 0208, 020 (2002); N. Arkani- 
Hamed, A. G. Cohen, E. Katz, A. E. Nelson, T. Gregoire, J. G. Wacker, JHEP 0208, 021 
(2002); I. Low, W. Skiba and D. Smith, Phys. Rev. D 66, 072001 (2002); D. E. Kaplan and 
M. Schmaltz, JHEP 0310, 039 (2003). 

[2] N. Arkani-Hamed, A. G. Cohen, E. Katz, A. E. Nelson, JHEP 0207, 034 (2002); S. Chang, 
JHEP 0312, 057 (2003); T. Han, H. E. Logan, B. McElrath and L. T. Wang, Phys. Rev. D 




10 



67, 095004 (2003); M. Schmaltz, D. Tucker-smith, Ann. Rev. Nucl. Part. Sci. 55, 229 (2005). 
[3] C.Csaki, J. Hubisz, G. D. Kribs, P. Meade, J. Terning, Phys. Rev. D 67, 115002 (2003); J. 

L. Hewett, F. J. Petriello, T. G. Rizzo, JHEP 0310, 062 (2003); C. Csaki, J. Hubisz, G. D. 

Kribs, P. Meade, J. Terning, Phys. Rev. D 68, 035009 (2003); M. C. Chen, S. Dawson, Phys. 

Rev. D 70, 015003 (2004); M. C. Chen et al., Mod. Phys. Lett. A 21, 621 (2006); W. Kilian, 

J. Reuter, Phys. Rev. D 70, 015004 (2004). 
[4] G. Marandella, C. Schappacher and A. Strumia, Phys. Rev. D 72, 035041 (2005). 
[5] H. C. Cheng and I. Low, JHEP 0309, 051 (2003); JHEP 0408, 061 (2004); I. Low, JHEP 

0410, 067 (2004); J. Hubisz, P. Meade, Phys. Rev. D 71, 035016 (2005). 
[6] H. C. Cheng, I. Low and L. T. Wang, Phys. Rev. D 74, 055001 (2006). 

[7] A. Belyaev, C. R. Chen, K. Tobe and C. P. Yuan, Phys. Rev. D 74, 115020 (2006); M. Blanke 
et al., JHEP 0701, 066 (2007); A. Freitas, D. Wyler, JHEP 0611, 061 (2006); D. Choudhury, 
D. K. Ghosh, |hep^ph/0612299[ A. Datta et al. larXiv:0708.1912 :: Q. H. Cao and C. R. Chen, 
larXiv:Q707.0 877: P. Kai et al., Phys. Rev. D 76, 015012 (2007); Y. Liu, J. Shen and X. Wang, 



hep-ph/ 0610350; Q. H. Cao, C. S. Li and C. P. Yuan, [hep-ph/0612243; C. X. Yue, S. Zhao 



and W. Ma, Nucl. Phys. B 784, 36 (2007). 
[8] ATLAS Collaboration, ATLAS Techinical Design Report, CERN/LHC-99-15 (1999). 
[9] H. Georgi, S. L. Glashow, M. E. Machacek and D. V. Nanopoulos, Phys. Rev. Lett. 40, 692 

(1978); Z. Kunszt and W. J. Stirling, Proc. LHC Workshop, Aachen, Oct. (1990); G. Jarlskog 

and D. Rein, Report CERN 90-10, ECFA 90-133 (1990) updated by S. Moretti, Ph. D. thesis 

(1995). 

[10] E. W. N. Glover and J. J. van der Bij, Nucl. Phys. B 309, 282 (1988); T. Plelm, M. Spira and 
P. M. Zerwas, Nucl. Phys. B 479, 46 (1996); S. Dawson, S. Dittmaier and M. Spira, Phys. 
Rev. D 58, 115012 (1998). 

[11] ATLAS TDR, report CERN/LHCC/99-15 (1999); E. Richter-Was and M. Sapinski, Acta 
Phys. Polon. B 30, 1001 (1999); V. Drollinger, T. Muller and D. Denegri, Phys. Rev. D 
66, 010001 (2002); S. Abdullin et al., Eur. Phys. Jour. C 39s2, 41 (2005); W. T. Giele, T. 
Matsuura, M. H. Seymour and B. R. Webber, FERMILAB-CONF-90-228-T, published in 
Snowmass Summer Study 1990: 0137-147; J. Cammin, Ph.D. Thesis [ATLAS], BONN-IR- 
2004-06; CMS TDR, report CERN/LHCC/2006-001 (2006); K. Cranmer et al., ATL-PHYS- 
2004-034. 



11 



[12] C. R. Chen, K. Tobe, C. P. Yuan, Phys. Lett. B 640, 263 (2006). 
[13] C. O. Dib, R. Rosenfeld, A. Zerwekh, JHEP 0605, 074 (2006). 
[14] L. Wang, et al, Phys. Rev. D 76, 017702 (2007). 
[15] L. Wang et al, Phys. Rev. D 75, 074006 (2007). 

[16] S. Eidelman et al. [Particle Data Group], Phys. Lett. B 592, 1 (2004); M. W. Grunewald, 
|hep-ex/0304023 ; LEP collaborations, |hep-ex/0412015t CDF Collaboration, |hep-ex/0507091 
[17] J. Pumplin et al. (CTEQ Collaboration), JHEP 02, 032 (2006). 
[18] J. Hubisz, P. Meade, A. Noble and M. Perelstein, JHEP 01, 135 (2006). 
[19] G. 't Hooft and M. J. G. Veltman, Nucl. Phys. B 153, 365 (1979). 

[20] T. Hahn and M. Perez- Victoria, Computl. Phys. Commun. 118, 153 (1999); T. Hahn, Nucl. 

Phys. Proc. Suppl. 135, 333 (2004). 
[21] J. J. Liu et al., Phys. Rev. D 70, 115001 (2004). 



12 



